APXH IHS SEAIAAS - NEO & TAAAIO SYSTHMA
EINANAAHIOTIKES T" HMEPHSION
NANEAAAAIKEE ESETAZEIZ
" TASHZ HMEPHZIOY FENIKOY AYKEIOY KAI ENAA (OMAAA B’)
NEMMTH 9 IOYNIOY 2016 - E=ETAZOMENO MAGHMA: MAGHMATIKA

MPOZANATOAIZMOY (NEO 2YZTHMA) & KATEYOYNZHZ (MAAAIO ZYZTHMA)

2YNOAO ZEAIAQN: TEZZEPIZ (4)

OEMA A

A1,

A3.

A4.

Eotw pia ouvaptnon f opiopévn o€ éva didotnua A kai X, éva ECWTEPIKO ONUEIO
Tou A. Av n f Tapoucialer Tomkd akpdTaTo OTO X, KAl €ival TTAPAywYioIun oTo
onpeio auto, 161 va ammodeigete 61 f'(X, ) =0.

Movadeg 7

Na dIaTUTTWOETE TO KPITHPIO TTAPEUPOANG.

Movadeg 4

Mote Aépe 6T N euBgia Y = £ gival opildvTia acUUTITWTN TNG YPAPIKAG TTAPAOTACNS

¢ ouvaptnong f oto +o0;
Movadeg 4

Na xapakrnpiosre T1IC TPOTACEIS TTOU akoAouBouv, ypdpovrag oTo TeTpadlo 0ag,
OiTTAa oT0 ypduua 1mou avrioToIXEl 0 KABe TTpoTaoN, TN Aéén ZwoTd, av n mpdraon
eivar owarn, n Aa@og, av n mporaon givar Aavlaouévn.

ouvx—1

a lim——=1.
x>0 X
B) Av f(x)= |n|xl yia ka8e X = 0, 1o1e f'(X) = |1‘ yia kéBe X = 0.
X

v) Av mia ouvaptnon f &ev eivai ouvexric oto X_, té1e n f dev civan

o y
TTAPAYWYioIun oTo X, .
8) YTapxel TTOAUWVUNIKA ouvapTtnon Babuol V = 2, n oTroia €&l aOUUTITWTN.

€) Mo kaBe ouvapmon f, ouvexr oto [a,B], 1oxver:
B
av [f(x)dx >0, 16re f(x)> 0 ovo [a,B].

Movadeg 10

TEAO> 1H> AIIO 4 ZEAIAEX




APXH 2HX EATAAY - NEO & I[TAAAIO 2YZTHMA
EINANAAHIOTIKEZ I HMEPHYION

OEMA B

AiveTal n ypagikr TapdoTtacn tng ouvapTtnong

B1.

B2.

B3.

B4.

BS.

v

Na Bpeite To TEdio opIopoU Kal To oUVoAo TIHWV Tn¢ f.
Movadeg 2

Na Bpeite, av UTTApXOoUV, Ta TTAPAKATW OpPIa.
a) limf(x) B) limf(x)
x—>1 X—3 3

V) limf(x) 5) limf(x) g) limf(x)

X—» 7 X—> 9
Ma Ta 0p1a TTOU eV UTTAPXOUV VA AITIOAOYNOETE TNV ATTAVTNOT 00G.
Movadeg 7

Na Bpeite, av uTTdpxouv, Ta TTApakAaTw opIa.

1
lim —— lim —
o) xl—>rn2f(x) B) xl—>rn€f(x)

Na airioAoynoeTe TNV ATTAvVINON 00G.

v Imf(f(x)

Movadeg 9
Na Bpsite Ta onueia ota omroia n f dev ival cuvexrc.
Na aImioAoyACETE TNV ATTAVTNOT COG.

Movadeg 3
Na Bpeite Ta onpeia X, Tou Tediou opiopou g f yia ta omoia 1oxver f'(x,)=0.
Na aImioAoyAoEeTE TNV ATTAVTNON COG.

Movadeg 4

TEAOX 2H> ATIO 4 >EAIAEX




APXH 3HX >EATAAY - NEO & I[TAAAIO 2YZTHMA
EINANAAHIOTIKEZ I HMEPHYION

OEMAT
Aiverai n ouvaptnon T: R = R pe f(x) = x>,

M. No amodei€¢ete on n f eivar ouvapmon 1-1 (Wovdadeg 2) kal va Bpeite TNV
avTioTpogn cuvdpTnon ! (MoVAdEG 4).
Movadeg 6
M2. Naamodeigere 611 yia kGBe X > 0 10x0er:
1
f(npx)>f(x—€x3).
Movadeg 9
r3. ‘Eva onueio M Kiveital Katd PKkog e KapmuAng y = X3, x>0 pe X = x(t) ka
y = y(t). Na Bpeite og mol0 onugio NG KAPTIUANG O PUBUOG WETABOAAG TNG
tetaypévng Y(t) Tou M civar icog pe 1o puBud petaoAng Tng tetunuévng X(t), av
utroteBei om X'(t) > 0 yia kaBe t = 0.
Movadeg 4
re. Avg:R — R civai ouvexic kai Gpria cuvdapTtnorn, va utroAoyioeTe To OAOKARpWUA
1
If(x)g(x) dx .
-1
Movadeg 6
OEMA A
Aivetal n ouvapTtnon
[Inx
—+1 ,0<x<«1
X
f(x)=4 1 X =1
ﬁ X > 1
(X -1

A1,

A2,

A3.

Na 6¢i€ete om n f eivar ouvexic oto (0,+0) (uovadeg 3) kai va Bpeite, av

UTTAPXOUV, TIC KOTAKOPUQPEG QOUUTITWTEG TNG YPaQIkA¢ Trapdotaong tng f.
(uovadeg 2)
Movadeg 5

Na amodeigete 611 T0 X, = 1 €ival TO povadiko KpiaIpo anyeio TG f.
Movadeg 8

i)  Na amodeitete 61 n e€iowonf(X) = 0 éxer povadikn pifa oo (0,+0).
(Movadeg 3)

TEAO> 3H> ATIO 4 >EAIAEX




A4,

ook

APXH 4HX >EAIAAY - NEO & [TAAAIO 2YZTHMA
EINANAAHIOTIKEZ I HMEPHYION

ii) Av E civar o gufaddv Tou xwpiou TTOU TIEPIKAEIETAI ATTO TN YPOAQIKN)
mapdoTtaon g T, Tov dgova twv X kai Tig eubeieg X =1 kar X = X, 610U X,

n Jovadikr pia ¢ e€iowong f(X) = 0 o1o (0,+%), va amodeitete 6T

£ —X,? — 2X, +2
2
(Movadeg 4)
Movadeg 7
Av F cival pia mapdyouoa g f oto [1,+00) va amrodeitete i
(X+NF(x)> xF(1) + F(x?), vyiakaee x> 1.
Movadeg 5

OAHTIEX (via Touc e€eTalouévouc)

Z1o £§WE@UAAO TOU TETPOdIOU va ypdweTe TO e€eTAlOPEVO PAONUA. ZTO ECWQUAAO
TMAVW-TTAVW VA OCUPTIANPWOETE TA CATOMIKA O0a¢ OToIXEia. TRV apxn Twv
ATTAVTACEWV OdG VA YPAWETE TTAVW-TTAVW TNV NUEPOUNVia Kal To €{ETACOUEVO
HGBnua. Na pnv avriypdyerte 1a BEpaTta oto TETPASIO Kal va gn YPAWETE TToubevd
OTIG ATTAVTIOEIS OOG TO OVOUA 0aG.

Na YypAWETE TO OVOUATETTWVUNO 0AG OTO TTAVW HEPOG TWV QWTOAVTIYPAPWY APECTWS
MOANIG cag TTapadoBouv. Tuxov onueEIwoElS cag TTavw oTta Béuara dev Ba
BaduoAoynBouv oe kapia TepiTrTwon. Katd tnv amoxwpnoni o0ag va TTapaduwoETe
padi ye To TETPABIO KAl TA GWTOAVTIYPAPA.

Na atraviiioeTe oTo TETPABIO oag 0€ OAQ TA BEPATA HOVO UE PTTAE 1) MOVO HE JAUPO
OTUAG pe peAdvi TTou dev ofrvel. MoAUBI emiTpéTTeTal, MOvo av To {NTAEl N EKPWvNon,
KOl HOVO VIO TTIVAKEG, DIAYPAUMATA KATT.

KdaBe ammavinon €MOTNHUOVIKA TEKUNPIWMEVN €ival ATTOOEKTH.

AiGpkela €gETaoNG: TPEIG (3) WPEG META TN DIAVOUN TWV QWTOAVTIYPAPWV.

Xpovog duvarng atroxwpnang: 18.30

2AZ EYXOMAZXZTE KAAH ENITYXIA

TEAOZ MHNYMATOZ

TEAO> 4H> ATIO 4 >EAIAEX




